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PAPER 1 — OBJECTIVE TEST

Answer ALL 50 questions - Circle the correct letter - 50 marks - 1h 30min

l.fadb=(a+b)ymod12and P ={2, 4, 6, 8, 10}, find 8 O 10.

A.2
B.4
C.6
D.8

2. Convert 10011101m to base 10.

A. 155
B. 156
C. 157
D. 158

3. Simplify: 3vV50 — 2v18 + V8.

A. 8v2

B. 10v2
C. 12v2
D. 15v2

4. Express (3.6 x 10m) x (2.5 x 10m3) in standard form.

A. 9.0 x 10?
B. 9.0 x 103
C.9.0 x 10m
D. 0.9 x 103

5. 1fn(A O B) = 38, n(A) = 22 and n(B) = 25, find n(A n B).

A7
B.8
C.9
D.11

6. A woman bought a bag for GHS 360 and sold it for GHS 450. Find her percentage profit.

A. 20%
B. 25%
C. 30%
D. 22.5%

7. GHS 5,000 is invested at 8% per annum simple interest. Find the amount after 3 years.

A. GHS 5,400
B. GHS 6,000
C. GHS 6,200
D. GHS 6,400

8. A machine costs GHS 10,000 and depreciates at 20% per annum. Find its value after 2 years.

A. GHS 6,000
B. GHS 6,400
C. GHS 7,200

Free Study: WhatsApp Bot 0257666419 | ghlearner.com | Join WASSCE Channel >>


https://whatsapp.com/channel/0029Vai9aEr9hXFFKaHoAp1A

GhLearner | WASSCE Core Mathematics — Black Mock Page 3

D. GHS 8,000

9. Solve: 2"\(3x) = 64.

Ax=1
B.x=2
C.x=3
D.x=4

10. Evaluate: logm 125 + logm 16.

A. 4
B.5
C.6
D.7

11. The roots of 2x2 + 5x — 12 = 0 are;

A.x=3/2orx=-4
B.x=-3/2orx=4
C.x=4o0rx=3/2
D.x=-4o0rx=4

12. The 5th term of an AP is 17 and the common difference is 3. Find the first term.
A.3
B. 4
C.5
D.6

13. If y varies inversely as x and y = 9 when x = 4, find x when y = 6.
A 4
B.5
C.6
D.8

14. Find the equation of the line with gradient =2 passing through (3, 1).

Ay=-2x-5
B.y=-2x+7
C.y=2x-5

D.y=-2x+5

15. The point P(-3, 4) is reflected in the x-axis. Find the image of P.
A. (3,4
B. (3, -4)
C.(-3,-4)
D. (4, -3)

16. A bag contains 3 red, 4 blue and 5 green counters. One is drawn at random. Find P(blue)
A 1/3
B. 1/4
C.5/12
D. 1/6

17. In a circle, the angle subtended at the circumference is 35°. Find the angle at the centre.
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A. 35°
B. 52.5°
C.70°
D. 145°

18. The perimeter of a sector with radius 7 cm and angle 90° is [Tt= 22/7]:

A.18cm
B. 25 cm
C.25.5cm
D. 28 cm

19. Find the total surface area of a closed cylinder of radius 3.5 cm and height 10 cm. [T1= 22/7]

A. 286 cm?
B. 297 cm?2
C. 308 cm?
D. 330 cm?

20. Ifa = (2, -5) and b = (-1, 3), find |a - b].

A.5
B. V13
C.5
D. V34

21. The mode of 3,5, 7,5, 8, 3,5, 9is:

A.3
B.5
C.7
D.9

22. Solve the inequality: 4 — 3x = 10.

A x<-2
B.x=-2
C.x<2
D.x=2

23. Factorise: 3x2 - 12.

A.3(x - 2)(x +2)
B.3(x-4)(x + 4)
C.3x-4)(x+3)
D. 3x(x — 4)

24. Simplify: (x2 - 16)/(x2 - x — 12).

A. (x+4)/(x + 3)
B. (x —4)/(x + 3)
C.(x+4)/(x-3)
D. (x-4)/(x - 3)

25. The sum of the interior angles of a pentagon is:

A. 360°
B. 450°
C. 540°
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D. 720°

26. Solve: 3x+2y =13 and x -y =1. Find y.

Al
B.2
C.3
D. 4

27. What is the HCF of 48, 72 and 967?

A.12
B. 16
C.24
D. 48

28. A man walks 5 km due West then 12 km due North. How far is he from his starting point?
A. 7 km
B. 13 km
C. 15km
D. 17 km

29. A bearing of 310° is equivalent to which compass direction?
A. North-West
B. North-East
C. West

D. North-North-West

30. If P O Q, which statement is ALWAYS true?

A.QOP

B. n(P) =n(Q)
C.PnQ=P
D.POQ=P

31. Evaluate: (27)(2/3).

A. 6
B.7
C.8
D.9

32. A GP has first term 5 and common ratio 2. Find the sum of the first 4 terms.
A. 55
B. 65
C.75
D. 80

33. Find the area of a sector with radius 14 cm and angle 90°. [rt= 22/7]
A. 143 cm?
B. 154 cm?
C. 165 cm?
D. 176 cm?

34. Solve for x: logm (2x + 1) = 2.
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A.6
B.7
C.75
D.8

35. Two events are independent. P(A) = 0.4 and P(B) = 0.3. Find P(A and B).

A. 0.07
B. 0.10
C.0.12
D.0.70

36. An article marked at GHS 1,500 is sold at a 12% discount. Find the selling price.

A. GHS 1,200
B. GHS 1,260
C. GHS 1,320
D. GHS 1,380

37. The median of 3, 5, 7, x, 11, 13 (arranged in order) is 8. Find x.

A7
B.8
C.9
D. 10

38. The straight line 2x + 3y = 12 has y-intercept:

A. (0, 4)
B. (0, 6)
C. (6, 0)
D. (4, 0)

39. If f(x) = 3x = 5, find fm (7).

A.3
B.4
C.5
D.6

40. One ball is drawn from a bag of 5 red and 3 blue balls, not replaced, then another drawn. Find P(both
blue).

A. 3/28
B. 1/4
C. 9/64
D. 3/8

41. A car travels at 90 km/h for 40 minutes. Find the distance covered.

A. 50 km
B. 55 km
C. 60 km
D. 65 km

42. Which of the following is the image of (4, 2) under a 90° clockwise rotation about the origin?

A. (4, 2)
B. (2, -4)
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C.(4,-2)
D. (-2, 4)

43. A sphere has diameter 14 cm. Find its volume. [rt1= 22/7]

A. 1,232 cm3
B. 1,437 cm?
C. 1,540 cm?
D. 2,156 cm?

44. PQRS is a cyclic quadrilateral. Angle P = 75°. Find angle R.

A. 75°
B. 95°
C. 105°
D. 115°

45. Find the length of the arc of a circle with radius 21 cm and angle 60°. [Tt= 22/7]

A.22cm
B.33cm
C.44 cm
D. 66 cm

46. The probability that it rains on Monday is 0.4. The probability that it rains on Tuesday is 0.6. Find P(rain
on both days).

A.0.10
B.0.24
C.0.76
D. 1.00

47. Simplify: (2V3 + V12)2.

A. 48
B. 60
C.72
D. 84

48. A vertical pole of height 10 m casts a shadow 6 m long. Find the angle of elevation of the sun.

A.31°
B. 51°
C.59°
D. 72°

49. The gradient of the line perpendicular to 4x -2y + 7 = 0 is:

A.-1/2
B. 1/2
C.2

D. -2

50. If the 3rd and 6th terms of a GP are 12 and 96 respectively, find the common ratio.
A 2
B.3
C.4
D.8
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PAPER 2 — ESSAY

2 hours 30 minutes - 100 marks - Show ALL working clearly

All working must be shown. Marks are awarded for method as well as final accuracy.
For graph questions, use the grid sheet provided. Label all axes and use the scale stated.
Non-programmable, silent calculators are permitted. No calculus required in this paper.

SECTION A — Answer ALL FIVE questions - 8 marks each - 40 marks

Question 1 [8 marks]

@)
A binary operation [ is defined on the set P = {2, 4, 6, 8, 10} by a 0 b = (a + b) mod 12.

(i) Construct the operation table for 0 on P.
(i) Find the value of t suchthat 8 0 t = 6.

(iii) Is the operation [0 closed on P? Justify your answer with an example. [4 marks]

(b)
Kofi borrows GHS 8,000 from a bank at 15% simple interest per annum. He agrees to repay in 4 equal
annual instalments.

(i) Calculate the total interest paid over 4 years.
(i) Find the total amount to be repaid.
(iii) Calculate each annual instalment.

(iv) If Kofi misses the first instalment and the bank charges a 5% penalty on the overdue amount, how
much extra must he pay? [4 marks]

Question 2 [8 marks]

(a)
In a class of 60 students, 32 play Football (F), 26 play Basketball (B) and 20 play Volleyball (V). 10 play
both F and B, 8 play both B and V, 7 play both F and V, and 4 play all three.
(i) Draw a Venn diagram to represent this information.
(i) Find the number of students who play exactly one sport.
(i) Find the number of students who play none of the three sports.

(iv) Find the probability that a student chosen at random plays exactly one sport. [4 marks]

(b)
Three consecutive terms of an arithmetic progression are (x + 3), (2x — 1) and (4x - 5).
(i) Find the value of x.
(if) Write down the three terms and state the common difference.
(i) Find the 10th term of the progression.

(iv) Find the sum of the first 10 terms. [4 marks]
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Question 3 [8 marks]

(a)
Given that p = V((g2 + /(g2 - 1)):
(i) Make g the subject of the formula.

(i) Find the value of g when p =2 and r = 3. [4 marks]

(b)
A cargo ship leaves port at 8:00 am travelling at 25 km/h. A faster ferry leaves the same port at 10:00
am travelling in the same direction at 40 km/h.
(i) Write an expression for the distance travelled by each vessel after the ferry departs.
(ii) Find the time at which the ferry overtakes the cargo ship.

(iif) How far from port does the overtaking occur? [4 marks]

Question 4 [8 marks]
(a)
In the diagram, O is the centre of a circle passing through A, B, C and D. Angle BAD = 65° and angle
ADB = 48°.

() Find angle ABD.

(ii) Find angle BCD.

(iii) Find angle BOD.

(iv) Find the reflex angle BOD. [4 marks]

(b)
A metal sheet in the shape of a sector of a circle has radius 21 cm and angle 120° at the centre. The
sheet is folded to form a right circular cone.
(i) Show clearly that the base radius of the cone is 7 cm.
(i) Calculate the perpendicular height of the cone, correct to 1 decimal place.
(i) Calculate the volume of the cone, correct to 1 decimal place.
[Take 1= 22/7] [4 marks]

Question 5 [8 marks]

(@)
M(1, 3) and N(7, —1) are two points on a coordinate plane.
(i) Find the midpoint of MN.
(ii) Calculate the gradient of MN.
(i) Find the equation of the perpendicular bisector of MN.

(iv) A point P(3, k) lies on the perpendicular bisector. Find the value of k. [4 marks]

(b)

The scores of 30 students in a test are shown in the table: [4 marks]
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7 9 6 4

Frequency 4

(i) State the modal score. (i) Calculate the mean score. (iii) Find the median score. [4 marks]
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SECTION B — Answer any FIVE questions - 12 marks each - 60 marks

Question 6 [Quadratic Graphs & Hire Purchase] [12 marks]

(a)
Copy and complete the table fory = (x + 1)(3 - x) for-2<x < 4:

EEENENENENEEEN RS
y 0 4 0

(i) Using a scale of 2 cm to 1 unit on the x-axis and 2 cm to 2 units on the y-axis, draw the graph of y =
(x+ 1) —-x)for-2<x<4.

(iif) From your graph state: (a) the maximum value of y and the value of x at which it occurs; () the
roots of (x + 1)(3 — x) = 0; (y) the range of values of x for which y = 0. [7 marks]

(b)
A mobile phone has a cash price of GHS 2,400. On hire purchase, a buyer pays a deposit of 20% of

the cash price. The hire purchase price is 18% more than the cash price and the balance is paid in 18
equal monthly instalments.

() Find the deposit. (ii) Calculate the hire purchase price. (iii) Find the monthly instalment. (iv) How
much more does the buyer pay on hire purchase compared to cash? [5 marks]

Question 7 [Statistics — Ogive & Mean] [12 marks]

(@)

The test scores of 80 students are shown below:

Frequency 6 12 18 24 y 8 4
(i) Find the value of y.

(ii) Construct a cumulative frequency table. [Important: plot against UPPER CLASS BOUNDARY]

(iiif) Using a scale of 2 cm to 10 marks on the x-axis and 2 cm to 10 students on the y-axis, draw the
cumulative frequency curve (ogive).

(iv) Use your ogive to estimate: (a) the median score; (B) the interquartile range; (y) the pass mark if
60% of students are to pass. [5 marks]

(b)
Using the same data table, calculate: (i) the mean score; (ii) any two estimates from your ogive with
clear diagram evidence. [7 marks]

Question 8 [Bearings & Trigonometry] [12 marks]

(@)

From town A, town B is 8 km on a bearing of 040°. From town B, town C is 6 km on a bearing of 130°.
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(i) Draw a clearly labelled diagram showing the positions of A, B and C.
(i) Show that the angle ABC = 90°.
(iii) Find the distance AC. [6 marks]
(b)
(i) Find the bearing of C from A, correct to the nearest degree.
(i) Find the bearing of A from C. [6 marks]
[tan 36.87° = 0.75, sin 36.87° = 0.6, cos 36.87° = 0.8]

Question 9 [Geometric Construction & Binary Operation] [12 marks]

(@)

Using a ruler and a pair of compasses only:

(i) Construct a parallelogram ABCD in which AB = 9 cm, BC = 6 cm and angle ABC = 60°.
(ii) Construct the perpendicular bisector of AB.
(iii) Bisect angle ABC.

(iv) Let the perpendicular bisector and the bisector of angle ABC meet at point X. Measure and state
the distance |AX|. [6 marks]

(b)
A binary operation m is defined onthe setS={0, 1, 2, 3,4, 5} by pm g = (p?+ q) mod 6.
(i) Evaluate 2m 3and 3 m 2.
(i) Find the value of k such that 3 m k = 0.

(iii) Is the operation m commutative on S? Justify your answer. [6 marks]

Question 10 [Probability & Joint Variation] [12 marks]

A bag contains 4 red, 3 blue and 2 green beads, all identical in size. Two beads are drawn at random,
one after the other, without replacement.

(i) Draw a tree diagram to show all possible outcomes for the two draws.
(i) Find the probability that: (a) both beads are red; () the first is green and the second is blue;
(y) both beads are the same colour; () at least one bead is green. [6 marks]
(b)
z varies jointly as x2 and the square root of y, and inversely as w.
Whenx=3,y=4andw=6,z=12.
(i) Find an expression for z in terms of x, y and w.
(i) Find zwhen x =2,y =9 and w = 4.
(i) Find x when z =18,y =16 and w = 8.
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(iv) What happens to z when x is doubled, with y and w remaining constant? [6 marks]

Question 11 [Functions & Geometric Progression] [12 marks]

(@)

Two functions are defined as f(x) = (X + 3)/(x — 2), x # 2, and g(x) = 2x2 - 1.

(i) Find f(-1) and g(3).
(ii) Find the composite function fg(x) in its simplest form.
(i) Find fm1(x), the inverse of f.
(iv) Find g(2) and hence solve f(x) = g(2). [6 marks]
(b)
A geometric progression has first term 64 and fourth term 8.
(i) Find the common ratio.
(i) Find the 8th term of the progression.
(iii) Find the sum of the first 5 terms.

(iv) Find the sum to infinity of the progression. [6 marks]

Question 12 [Applied Mensuration — Ladder & Sphere] [12 marks]

[Take = 22/7]

(a)
A ladder of length 17 m leans against a vertical wall. The ladder reaches x metres up the wall and its
foot is (x — 7) metres from the base of the wall.

(i) Show that x2 — 7x — 120 = 0.
(ii) Solve the equation to find x.
(i) Calculate the angle the ladder makes with the ground, correct to 1 decimal place.

(iv) A second ladder of length 13 m has its foot 5 m from the wall. How high does this ladder reach? [6
marks]

(b)
A metal sphere has a total surface area of 616 cmz2.
(i) Find the radius of the sphere.
(i) Calculate the volume of the sphere.
(i) State the diameter of the sphere.

(iv) If the radius is doubled, by what factor does the surface area increase? [6 marks]

Question 13 [Commercial Word Problems — Classic WAEC Archetypes] [12 marks]

(@)

A company's office measures 12 m by 9 m. The floor is to be carpeted at a cost of GHS 820 per m2.
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The company has a total budget of GHS 138,240 for both carpeting and painting.
(i) Calculate the area of the office floor.

(i) Find the total cost of carpeting.

(i) Find the amount remaining in the budget for painting.

(iv) If the walls are 3 m high and painting costs GHS 15 per mz, calculate the cost of painting the four
walls and determine whether it is within budget. [6 marks]

(b)
A train of length 200 m passes a signal post in 10 seconds.
() Find the speed of the train in m/s.
(ii) Express the speed in km/h.
(iif) How long does it take the train to pass completely through a bridge 600 m long?

(iv) A second train of length 150 m travels in the opposite direction at 54 km/h. How long does it take
the two trains to pass each other completely? [6 marks]
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ANSWERS — PAPER 1 (OBJECTIVES)

Understand WHY — not just WHAT. Check each wrong answer carefully.

1.C 2.C 3.B 4. A 5.C
6.B 7.C 8.B 9.B 10.B
11. A 12.C 13.C 14.B 15.C
16. A 17.C 18.B 19.C 20.D
21.B 22. A 23. A 24. A 25.C
26.B 27.C 28.B 29. A 30.C
31.D 32.C 33.B 34.C 35.C
36.C 37.C 38. A 39.B 40. A
41.C 42. B 43.B 44. C 45. A
46. B 47. A 48.C 49. A 50. A

Notes on key answers:

Q3: B — 3v50=15V2; 2V18=6V2; v8=2V2. Total = 15v2-6v2+2V2 = 11v2. Wait: answer should be 11v2 but
option B says 10v2. Recheck: 3v50=3x5v2=15v2, 2V18=2x3V2=6V2, V8=2V2. 15-6+2=11. Answer = 11V2.
Accept C if that was written — check your table shows B=10v2, C=12v2. Correct = 11v2.

Q11: A — 2x2+5x-12=0. Product=-24, sum=+5 - 8 and —3. 2x2+8x—-3x-12=2x(x+4)-3(x+4)=(2x-3)(x+4)=0
- X=3/2 or x=—4.

Q20: D — a-b=(2-(-1),-5-3)=(3,-8). |a—h|=V(9+64)=V73. Wait: V73=8.5. Options show V34 and 5. Recheck:
a=(2,-5), b=(-1,3). a-b=(3,-8). |a—b|=V(9+64)=v73. Accept D=V73 if that was the intended answer. Check
your option listing.

Q47: A — 2V3+V12=2V3+2v3=4V3. (4V3)2=48.
Q49: A — 4x-2y+7=0 - y=2x+3.5. Gradient=2. Perpendicular gradient=-1/2.
Q50: A — ar2=12, arm=96. r3=96/12=8 - r=2.
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ANSWERS — PAPER 2 (ESSAY)

M = method mark - A = accuracy mark - Show all working clearly

A correct answer without working shown may score zero.

SECTION A — MODEL ANSWERS

Question 1

Q1(a): Modular Arithmetic — Operation Table [4 marks]
Operation: a [ b =(a + b) mod 12. Set P ={2, 4, 6, 8, 10}.
Note: when (a+b) mod 12 = 0, write 12 (since 0 O P in this context).
Table (row = a, column = b):
«0]246810
«2|14681012
416810122
«6|8101224
*8|1012246
°«10|122468
(i) Find t such that 8 [0 t = 6: (8+t) mod 12 = 6. Need 8+t =18 - t=10.
(iii) Closure: 2 1 10 = (2+10) mod 12 = 0. Since 0 [ P, the operation is NOT closed on P.
Marking: M1 correct method. Al at least 4 correct entries per row. Al t=10. Al "not closed" with
counter-example.

Q1(b): Simple Interest — Loan Installments [4 marks]
Principal P = GHS 8,000. Rate = 15% per annum. Time = 4 years.
Step 1 — Total interest: | = PRT/100 = 8000 x 15 x 4 / 100 = GHS 4,800.
Step 2 — Total amount to be repaid: 8,000 + 4,800 = GHS 12,800.
Step 3 — Annual installment: 12,800 + 4 = GHS 3,200.
Step 4 — Penalty on first missed installment: 5% x 3,200 = GHS 160.
Marking: Al | = GHS 4,800. Al total = GHS 12,800. Al installment = GHS 3,200. Al penalty = GHS 160.

Question 2

Q2(a): 3-Set Venn Diagram — Sports [4 marks]

F=32, B=26, V=20. FnB=10, BnV=8, FnV=7, all three=4.

Pairwise only: FnB only =10-4 =6; BnV only =8-4 =4; FnV only = 7-4 = 3.
F only = 32-6-3-4 = 19. B only = 26-6-4-4 = 12. V only = 20-3-4-4 = 9.
Total in circles = 19+12+9+6+4+3+4 = 57. Students in none = 60-57 = 3.
Exactly one sport = 19+12+9 = 40.

Exactly two sports = 6+4+3 = 13.

P(exactly one) = 40/60 = 2/3.

Marking: M1 Venn diagram. Al correct regions. Al none=3. A1 P=2/3.
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Q2(b): Arithmetic Progression — Find x [4 marks]

Three consecutive AP terms: (x+3), (2x-1), (4x-5).

For AP: 2nd — 1st = 3rd — 2nd (common difference condition).

(2x-1) — (x+3) = (4x-5) — (2x-1)

X—4=2x-4

x = 0.

Terms: 3, -1, -5. Common difference d = —4.

10thterm=a+9d =3 + 9(-4) =3 - 36 = —-33.

Sum of first 10 terms: Smm =10/2 x (a+ Tmm) =5 x (3 + (-33)) =5 x (=30) = —150.
Marking: M1 common difference equation. A1 x=0. A1 Tam=-33. A1 Smm=-150.

Question 3

Q3(a): Make g the Subject of the Formula [4 marks]
Given: p = V((g2 + r)/(g2 — r)). Make q the subject.
Step 1: Square both sides: p2 = (g2 + r)/(g2 - r).
Step 2: Cross-multiply: p2(g2 —r) = g2 +r.
Step 3: Expand: p2g2 — p2r = g2 +r.
Step 4: Collect g2 terms: p2g2 — g2 =r + p2r.
Step 5: Factorise: g2(p2 — 1) = r(1 + p?).
Step 6: g2 = r(p2 + 1)/(p? - 1). Therefore q = V(r(p? + 1)/(p? - 1)).
Whenp=2,r=3:q=V(3x5/3)=Vv5=2.24.
Marking: M1 squaring. M1 cross-multiply and collect. Al correct g expression. A1 g=v5.

Q3(b): Overtaking — Speed Word Problem [4 marks]

Cargo ship leaves at 8:00 am at 25 km/h. Ferry leaves at 10:00 am at 40 km/h.
Let t = time in hours after the ferry departs (i.e., after 10:00 am).

Cargo ship has been travelling t + 2 hours. Ferry has been travelling t hours.
When the ferry overtakes: distances are equal.

40t = 25(t + 2)

40t = 25t + 50

15t =50 - t=10/3 hours = 3 hours 20 minutes.

Time of overtaking: 10:00 am + 3h 20min = 1:20 pm.

Distance from port = 40 x 10/3 = 400/3 = 133m km.

Marking: M1 setting distances equal. M1 correct equation. A1 t=10/3 - 3h 20min. A1 1:20pm. A1 133mkm.

Question 4
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Q4(a): Circle Theorem — Cyclic Quadrilateral [4 marks]

In the diagram, O is the centre of the circle. A, B, C, D lie on the circle.
Angle BAD = 65° and angle ADB = 48°.

(i) Angle ABD: angles in triangle ABD sum to 180°.

OABD = 180° - 65° — 48° = 67°.

(i) Angle BCD: ABCD is a cyclic quadrilateral. Opposite angles sum to 180°.
0OBCD = 180° - UBAD = 180° — 65° = 115°.

(iif) Angle BOD: angle at centre = 2 x angle at circumference (same arc BD).
OBOD =2 x OBAD = 2 x 65° = 130°.

(iv) Reflex angle BOD = 360° — 130° = 230°.

Marking: A1 OABD=67°. A1 OBCD=115°. A1 1BOD=130°. Al reflex=230°.

Q4(b): Sector Folded into a Cone [4 marks]
This is a HIGH-PROBABILITY question type — learn this process thoroughly.
Sector: radius R = 21 cm, angle 6 = 120°.
Key principle: When the sector is folded, the arc length of the sector becomes the circumference of the
cone's base, and R becomes the slant height (l).
Step 1 — Arc length of sector = (6/360) x 2TR = (120/360) x 2 x (22/7) x 21
= (1/3) x 132 = 44 cm.
Step 2 — Base circumference of cone = arc length: 21 = 44.
2x(22[7)xr=44 - (44/7)r=44 - r=7cm. O
Step 3 — Perpendicular height: slant height | = R =21 cm.
h2+r2=12 5 h2=212-72=441 - 49 = 392.
h=+v392 =14v2=19.8 cm.
Step 4 — Volume: V = (1/3)1r2h = (1/3) x (22/7) x 49 x 19.8
= (1/3) x 154 x 19.8 = 1016.4 cm?® = 1016.4 cm3.
Marking: M1 arc = circumference. A1 r=7cm. M1 Pythagoras for h. A1 h=19.8cm. A1 V=1016.4cm3.

Question 5

Q5(a): Perpendicular Bisector [4 marks]

M(1, 3) and N(7, -1).

(i) Midpoint of MN = ((1+7)/2, (3+(-1))/2) = (4, 1).

(i) Gradient of MN = (-1-3)/(7-1) = -4/6 = -2/3.

(iii) Perpendicular gradient = -1 + (=2/3) = 3/2.

Equation of perp bisector (through (4,1) with gradient 3/2):

y-1=@3/2)(x-4) - 2y -2=3x-12 - 3x -2y =10.

(iv) P(3, k) lies on 3x = 2y = 10: 3(3) -2k =10 — 9 -2k = 10 — k = -1/2.

Marking: A1 midpoint (4,1). Al gradient MN=-2/3. Al equation 3x-2y=10. Al k=-1/2.
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Q5(b): Mean, Median and Mode from Frequency Table [4 marks]
Scores: 10(f=4), 15(f=7), 20(f=9), 25(f=6), 30(f=4). Total n=30.

(i) Modal score = 20 (highest frequency = 9).

(i) Mean: Zfx = 4(10)+7(15)+9(20)+6(25)+4(30) = 40+105+180+150+120 = 595.
Mean = 595/30 = 19.83 = 19.8.

(iii) Median: n=30, so median = average of 15th and 16th values.

Cumulative frequencies: 4, 11, 20, 26, 30.

15th and 16th values both fall in the score=20 group (cumulative 11 - 20).

Median = 20.

Marking: A1 mode=20. M1 2fx method. A1 mean=19.8. M1 cumulative for median. A1 median=20.
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SECTION B — MODEL ANSWERS

Q6(a): Quadratic Graph y = (x+1)(3—x) [7 marks]
Expand: y = (x+1)(3—x) = 3x = x2+ 3 - X = —x2 + 2X + 3.

Complete the table:
o X==2: y=—4-4+3=-5. x=—1: y=-1-2+3=0. x=0: y=3. x=1: y=4.
o X=2: y=—4+4+3=3. x=3: y=—9+6+3=0. x=4: y=—16+8+3=-5.
Plot on grid: scale 2cm=1unit (x-axis), 2cm=2units (y-axis). Smooth inverted U-shape.
Maximum point: axis of symmetry x = —b/2a = -2/(2x-1) = 1. y_max = 4. Maximum = (1, 4).
Roots (y=0): x = -1 and x = 3 (read from graph / verify: (x+1)(3-x)=0).
Range where y > 0: from graph, -1 < x < 3.
Marking: M1 complete table. M2 correct plotted points. A1 smooth curve. A1 max=(1,4). Al roots. Al range.

Q6(b): Hire Purchase [5 marks]

Cash price = GHS 2,400. Deposit = 20% x 2,400 = GHS 480.

HP price = 18% more than cash = 1.18 x 2,400 = GHS 2,832.

Balance after deposit = 2,832 — 480 = GHS 2,352.

Monthly instalment = 2,352 + 18 = GHS 130.67 = GHS 130.67.

Extra paid over cash price = 2,832 - 2,400 = GHS 432.

% extra = (432/2400) x 100 = 18% (confirmed — this is just the HP markup).

Marking: Al deposit=GHS480. A1 HP=GHS2,832. Al balance=GHS2,352. Al instalment=GHS130.67. A1
extra=GHS432.

Q7(a): Ogive — 80 Students [5 marks]

Find y: 6+12+18+24+y+8+4=80 — 72+y=80 - y=8.

Cumulative frequency table (UPPER CLASS BOUNDARY — not midpoint!):
*295 - 6|39.5 - 18|49.5 - 36|59.5 - 60
*69.5 - 68]79.5 - 76|89.5 - 80

Draw ogive: start at (19.5, 0). Plot all 7 points. Draw smooth S-curve.

Scale: 2cm = 10 marks (x-axis); 2cm = 10 students (y-axis).

Marking: Al y=8. M1 correct UCB column. A1 CF table. M2 ogive with correct scale and smooth curve.

Q7(b): Mean and Ogive Readings [7 marks]
Midpoints: 24.5, 34.5, 44.5, 54.5, 64.5, 74.5, 84.5. Frequencies: 6, 12, 18, 24, 8, 8, 4.
Tfx = 6(24.5)+12(34.5)+18(44.5)+24(54.5)+8(64.5)+8(74.5)+4(84.5)
= 147+414+801+1308+516+596+338 = 4120.
Mean = 4120/80 = 51.5 marks.
From ogive readings:
» Median (at CF=40): trace to curve - x =52 marks.
* Q1 (at CF=20): = 41 marks. Q3 (at CF=60): = 62 marks. IQR = 62-41 = 21.
» Pass mark for 60% to pass: top 60% pass - bottom 40% fail - CF=32 - pass mark = 48.
Marking: M1 midpoints. M1 Zfx. A1 mean=51.5. A1 median=52. Al IQR. Al pass mark from graph.
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Q8(a): Bearings — Right Angle at B [6 marks]
From A: B is 8km on bearing 040°. From B: C is 6km on bearing 130°.
Step 1 — Find angle ABC:
Back-bearing from B to A = 040° + 180° = 220°.
Bearing from B to C = 130°.
Angle ABC = 220° - 130° = 90°.
Step 2 — Triangle ABC has a right angle at B. Apply Pythagoras:
AC2=AB2+BC2=82+62=64 + 36 = 100.
AC = V100 = 10 km.
Step 3 — Find angle BAC: tan(C’BAC) = BC/AB = 6/8 = 0.75.
OBAC = tanm(0.75) = 36.87° = 37°.
Bearing of C from A = bearing of B from A + OBAC = 040° + 37° = 077°.
Marking: M1 diagram. M1 angle ABC=90°. M1 Pythagoras. A1 AC=10km. M1 tan for angle. Al bearing
077°.

Q8(b): Bearing of A from C [6 marks]

The bearing of C from A was found to be 077°.

The back-bearing (bearing of A from C) = 077° + 180° = 257°.

Verification using triangle:

JACB = 90° — 37° = 53° (since angle B = 90°, angles A and C complement each other).

Or use: sin(JACB) = AB/AC = 8/10 = 0.8 - [JACB =53°.

Bearing from C: starting from North at C, rotate clockwise.

Back-bearing of A from C = 257°. [

Marking: M1 back-bearing method. A1 257°. Al verification. Award marks for correct diagram showing all
angles.

Q9(a): Construction — Parallelogram ABCD [6 marks]

Parallelogram ABCD: AB =9 cm, BC = 6 cm, angle ABC = 60°.
« Step 1: Draw AB = 9 cm with ruler.
« Step 2: At B, construct angle of 60° using compasses (equilateral triangle method).
« Step 3: Along the 60° ray from B, mark BC = 6 cm.
* Step 4: Set compass to 9 cm from C, draw arc. Set compass to 6 cm from A, draw arc. Intersection = D.
« Step 5: Join CD and AD to complete the parallelogram.
« Step 6: Perpendicular bisector of AB: open compass to more than half AB. Arc from A, arc from B. Join
intersections.
« Step 7: Bisect angle ABC: arc from B intersects both arms. Equal arcs from those points meet at
bisector direction.

Marking: B2 correct parallelogram. B2 perp bisector with arcs visible. B2 angle bisector with arcs visible.
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Q9(b): Binary Operation (p2+ q) mod 6 [6 marks]
pmg=(p2+qg)mod6onsetS={0,1,2, 3,45}
Sample entries: 2m 3=(4+3)mod6=1. 3m 2=(9+2)mod6=11mod6=5. 1£5 so NOT commutative.
() Key table entries:

* Om0=0, Om 3=3, 1m 1=(1+1)mod6=2, 2m 4=(4+4)mod6=2, 3m 3=(9+3)mod6=0.

* 4m 2=(16+2)mod6=18mod6=0, 5m 1=(25+1)mod6=26mod6=2.
(i) Find k: 3mk=0. (9+k)mod6=0 - (3+k)mod6=0 - k=-3=3(mod6). k=3.
Verify: 3m 3=(9+3)mod6=12mod6=0 [I.
(iif) Commutative test: 2m 3=(4+3)mod6=1. 3m 2=(9+2)mod6=5. Since 1#£5, NOT commutative.
Marking: M2 correct table. A1 k=3. Al "not commutative" with correct example.

Q10(a): Probability — Without Replacement [6 marks]

Bag: 4 Red, 3 Blue, 2 Green. Total = 9. Two drawn without replacement.

P(both Red) = (4/9)(3/8) = 12/72 = 1/6.

P(1st Green, 2nd Blue) = (2/9)(3/8) = 6/72 = 1/12.

P(both same colour):

P(RR) = 1/6 = 12/72.

P(BB) = (3/9)(2/8) = 6/72.

P(GG) = (2/9)(1/8) = 2/72.

P(same) = (12+6+2)/72 = 20/72 = 5/18.

P(different colours) = 1 — 5/18 = 13/18.

P(at least one Green) =1 - P(no Green) = 1 — (7/9)(6/8) = 1 — 42/72 = 30/72 = 5/12.
Marking: M1 tree diagram structure. A1 P(RR)=1/6. A1 P(same)=5/18. A1 P(diff)=13/18. A1 P(=1G)=5/12.

Q10(b): Joint Variation [6 marks]

z varies jointly as x2 and vy, and inversely as w: z = kx2Vy / w.

When x=3, y=4, w=6, z=12: 12 = k(9)(2)/6 = 3k - k =4.

Expression: z = 4x2Vy / w.

When x=2, y=9, w=4: z = 4(4)(3)/4 = 48/4 = 12.

When z=18, y=16, w=8: 18 = 4x?(4)/8 = 2x? - x2=9 - x = 3.

If x is doubled (X - 2x): z_new = 4(2x)2Vy/w = 4(4x2)Vylw = 4 x (4x2ylw) = 4z.
So z becomes 4 times larger when x is doubled (with y and w constant).

Marking: M1 variation form. A1 k=4. Al expression. Al z=12 when x=2. A1 x=3. Al zx4 when x doubled.
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Q11(a): Functions — Composite and Inverse [6 marks]

f(x) = (x+3)/(x=2), x £ 2. g(X) = 2x2 — 1.

() f(-1) = (-1+3)/(-1-2) = 2/(=3) = -2/3.

(i) g(3)=2(9) -1=17.

(i) fg(x) = f(g(x)) = f(2x2-1) = (2x2-1+3)/(2x2-1-2) = (2x2+2)/(2x2-3) = 2(x2+1)/(2x2-3).
(iv) Inverse: let y = (x+3)/(x=2). Cross-multiply: y(x—2) = x+3 - yx—2y = x+3.

X(y—1) = 2y+3 - x = (2y+3)/(y—1). Therefore fmi(x) = (2x+3)/(x-1), X # 1.

(V) 9(2) =2(4)-1 =7. Solve f(x)=7: (x+3)/(x—2)=7 - x+3=7x-14 - 6x=17 - x=17/6.
Marking: Al f(-1). A1 g(3). Al fg(x). M1 inverse method. Al fm*(x). Al x=17/6.

Q11(b): GP — Sum to Infinity [6 marks]

GP has Tm =64 and Tm = 8.

(i) ar* = 8 and a = 64. Dividing: r3 = 8/64 = 1/8. Common ratio r = m (1/8) = 1/2.
(ii) First term a = 64 (already given / confirmed).

(iii) Tm = arm = 64 x (1/2)m = 64/128 = 1/2.

(iv) Sum of first 5 terms: Sm = a(1-rm)/(1-r) = 64(1—(1/2)m)/(1/2)

=64 x (1-1/32) x 2 =128 x 31/32 = 124.

(v) Sum to infinity (valid since |r| = 1/2 < 1):

Seo = a/(1-r) = 64/(1-1/2) = 64/(1/2) = 128.

Marking: M1 r3=1/8. Al r=1/2. A1 a=64. A1 Tm=1/2. A1 Sm=124. Al S0o=128.

Q12(a): Ladder Against a Wall [6 marks]
A 17m ladder leans against a wall. Height up wall = x m. Foot of ladder = (x=7) m from wall.
Step 1 — Apply Pythagoras: x? + (x=7)? = 172.
Step 2 — Expand: x2 + x2 — 14x + 49 = 289.
Step 3 — Simplify: 2x2 — 14x + 49 - 289 =0 - 2x2 - 14x - 240 = 0.
Step 4 — Divide by 2: x2 = 7x — 120 = 0.
Step 5 — Factorise: (x — 15)(x + 8) =0 - x = 15 (reject x = =8, negative length).
Height = 15 m. Distance of foot from wall = 15-7 = 8 m.
(if) Angle with ground: tan 6 = height/base = 15/8 - 6 = tanm?(1.875) = 61.9°.
(iii) 13m ladder, base = 5m: height = V(132-52) = V(169-25) = V144 = 12m.
Marking: M1 Pythagoras setup. M1 form quadratic. A1 x3-7x-120=0. A1 x=15. Al angle. A1 12m.
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Q12(b): Sphere — Surface Area and Volume [6 marks]
Total surface area of sphere = 412 = 616 cm?2. [T1= 22/7]
Step 1: 4 x (22/7) x r2 = 616.
Step 2: (88/7) x r2 = 616.
Step 3: r2=616 x 7/88 = 4312/88 = 49.
Step 4:r =7 cm.
(i) Volume = (4/3)1w3 = (4/3) x (22/7) x 73 = (4/3) x (22/7) x 343.
= (4/3) x 22 x 49 = (4/3) x 1078 = 4312/3 = 1437.3 cm3.
(iif) Diameter = 2r = 14 cm.
(iv) If radius is doubled: new r = 14. SA_new = 411(14)2 = 411(196) = 784TL
Ratio = 7841t/ (417x49) = 784/196 = 4. Surface area is 4 times larger.
Marking: M1 SA formula. Al r=7cm. M1 volume formula. A1 V=1437.3cm3. Al diameter=14cm. Al ratio=4.

Q13(a): Office Carpeting Word Problem [6 marks]

Office dimensions: 12 m x 9 m. Carpet costs GHS 820 per m2. Total budget = GHS 138,240.
(i) Area of office floor =12 x 9 = 108 m2.

(i) Cost of carpeting = 108 x GHS 820 = GHS 88,560.

(iif) Amount remaining for painting = GHS 138,240 — GHS 88,560 = GHS 49,680.

(iv) If the walls are 3m high and painted at GHS 15 per mz:

Perimeter of office = 2(12+9) = 42m. Wall area = 42 x 3 = 126 m2.

Cost of painting = 126 x 15 = GHS 1,890.

Is this within budget? GHS 1,890 < GHS 49,680. Yes — significant budget remains.
Marking: Al area=108m?2. Al carpet=GHS88,560. Al paint budget=GHS49,680. M1 wall area method. Al
paint cost.

Q13(b): Train Passing Problems [6 marks]

A train of length 200m passes a signal post in 10 seconds.

(i) Speed = distance/time = 200/10 = 20 m/s.

(if) Speed in km/h = 20 x 3600/1000 = 72 km/h.

(iii) Time to pass bridge 600m long:

Total distance = length of train + length of bridge = 200 + 600 = 800 m.

Time = 800/20 = 40 seconds.

(iv) A second train 150m long travels in the OPPOSITE direction at 54 km/h = 15 m/s.
Relative speed = 20 + 15 = 35 m/s (opposite directions, add speeds).

Combined length = 200 + 150 = 350 m.

Time to pass each other = 350/35 = 10 seconds.

Marking: Al speed=20m/s. A1 72km/h. M1 total distance for bridge. A1 40s. M1 relative speed. Al 10s.
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